
         

 

               Varianta 65 
 
SUBIECTUL I 
 
a) l =11 
b) 3=AC . 

c) 2=AB . 

d) .32 iz −=  

e) 
3

5
cos =x . 

f) 0cos =A . 
  
 
SUBIECTUL II 
 
1. 
a) ( )( ) .67 xxgf −=o . 
b) Punctul de intersec ie este )1,1(A  
c) 145)10(...)2()1( =+++ fff . 

d) ( ] [ )∞∪−∞−∈ ,11,x . 

e) N∈=+ 2)3()3( gf . 

 
2. 

a) 
3

2
2)(

x
xxf +=′ . 

b) 0=x  este ecua ia asimptotei verticale.  

c) ( )⇒∞−∈∀<+=′ 0,,0
22

)(
3

4

x
x

x
xf func ia f este  descresc toare pe ( )0,∞− . 

d) ∞=
−∞→

)(lim 2 xfx
x

.  

e) 
6

827
)(

2

1

−=∫ dxxf . 

 
 
SUBIECTUL III 
 
 
a) Efectu m calculul: ( )( ) =−++ iiyix 333 iiyixxy 3933 −−++ . 

 

            

 



         

 

b) ( ) zyx oo ( )( )( ) iiziyix 3333 −+++=       

( )zyx oo = ( )( )( ) iiziyix 3333 −+++ ⇒ ( ) zyx oo = ( )zyx oo ∀x,y,z∈C 

c) Efectu m calculul: ( )( ) xiixiieixex
a

=−+=−++= 33333
)

o  C∈∀x . 

d) Pentru ia 21 −=  i R\C∈−= ib 1 ,  avem: ( )( ) =−++= iibiaba
a

333
)

o  R∈−1 . 

e) Fie ( ) iixxxxnP n

orinde

33...:)( −+=43421 ooo .  

      xxP =:)1( (A). 
Presupunem )(kP (A) i demonstr m )1( +kP (A), unde k 1. 

( ) iixxxxkP k

orikde

33...:)( −+=43421 ooo , iar ( ) iixxxxkP k

orikde

33...:)1( 1

1

−+=+ +

+
43421 ooo .  

Dar ( )( ) ))(

1

33......
a

k
kP

orikdeorikde

xiixxxxxxxx =−+=













=

+

oo43421 ooo43421 ooo  

( )[ ]( ) iixiiix k 33333 −++−+= = ( ) iix k 33 1 −+ + . 

De unde )(nP este (A) ∀n∈N*. 

f) Folosind e) avem c  ( ) iiz 334
2002

−+=  de unde ( )2007343 iiz −=+  

g) Folosind e)  ecua ia devine: ( ) ( ) .303333 22 ixixiiix −=⇔=+⇔−=−+  
 
 
SUBIECTUL IV 
 
a) .),()( 0

)(
0 R∈∀=+=+=− −−−− xxfeeeexf xxxx  

b) ( ) 0122)(
2

0 ≥−⇔≥+⇔≥ − xxx eeexf (A) 

c) ( ) xx eexfxf −−=′= )()( 01 . 

d) Fie )()(:)( 02 xfxfnP n =  R∈∀x .  

      ( ) ( )xfxfP 00:)0( = (A). 
Presupunem )(kP (A) i demonstr m )1( +kP (A), unde k 0. 

)()(:)( 02 xfxfkP k = R∈∀x ,iar  

)()(:)1( 022 xfxfkP k =+ + R∈∀x . Dar: 

( )( ) ( )( ) ( )( ) ( )( ) ( ) =′−=′=
′





 ′=

′





 ′=′= −

++
xx

ckP

kkk eexfxfxfxfxf
)

10

)(

21222 )(  

= )(0 xfee xx =+ − . De unde )(nP este (A) ∀n∈N*. Deci ( ) ( ),02 xfxf n = R∈∀x . 

Dar ( ) ( ) )()()()( 10212 xfxfxfxf nn =′=′=+ , R∈∀x . 

 

            

 



         

 

e) ( ) 2)()0()()()()( 00000

0

0

0

1 −=−==′= ∫∫ xffxftfdttfdttf
x

xx

, R∈∀x . 

f) Folosind d) rezult  c  =+=+++ )(1004)(1004)(...)()( 10200710 xfxfxfxfxf  

      ( ) xxxxx eeeee 20081004 =−++= −− . Atunci integrala devine: 

).1(200800822008
1

0

1

0

−==∫ eedxe xx  

g) Folosind d) rezult  c  2)0(...)0()0( 220 ==== kfff  i 

0)0(...)0()0( 1231 ==== +kfff . Dac  n este num r par atunci: N∈= kkn ;2 . 

Avem 222)0(...)0()0( 210 +=+=+++ nkfff k , iar dac  n este impar atunci 

N∈+= kkn ;12 i 12122)0(...)0()0( 1210 +=+−=+=+++ + nnkfff k . Deci limita 
cerut  este 1. 
 

 

            

 


